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INTRODUCTION 

In studying a wide variety of problems involving three dimensional lattices, one is led to 
examine integrals of the form 

F(cosxx, cos my, cos nz)dxdydz. (1) 

In many eases two of the integrations can be carried out explicitly yielding an integral of the form 

Fiu) K(// ) ( lu 

(2) 
where 

r-n 12 

K(//) = [1 - u 2 sin 2 0] ll2 d6 (3) 

is the complete elliptic integral of the first kind. Examples of this arc contained in references [1J 1 
and [2]. In the studying of the vibrational properties of a harmonically coupled simple cubic lattice of 
mass points, the author was led to evaluate a large number of these integrals. 
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1 Figures in hrackets indicate the literature references at the end of this paper. 
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The literature concerning integrals of the form (2) is rather sparse. The known results, due 
mainly to Kaplan [3] and Byrd and Friedman [4] are summarized by Gradshteyn and Ryzhik [5] as 
entries 6.141-6.147 and 5.153. For completeness these older results have been included in the 
following table. The methods by which these formulas have been obtained are diverse and it would 
be impractical to go into the derivations in detail. Several, such as (1-18) were obtained quite simply 
by integrating the series representing K(w) term by term. Others, e.g., (11-10) were found by 
applying the Fourier inversion theorem to a known integral. Several results were obtained by writing 
K(&) as a hypergeometric function and applying the general formulas of section 7.5 of reference [5]. 
Occasionally more complicated procedures were needed (e.g., see [6]). When possible the results 
were independently checked by considering special cases. 

It is felt that the publication of a table of these formulas would be useful to others working in 
this field as well as form a nucleus for a more extensive tabulation by others in the future. In 
addition, a number of our results have a certain intrinsic charm. 

The notation used in the following tables is that of the Bateman manuscript project series [7]. 
In addition, 0(u) denotes the unit step function which is unity when u > and vanishes for a < 0. 
The conditions on the parameters for which the formulas are valid, when not explicitly noted, are 
easily ascertained and are generally those under which both sides are defined. Finally, these table 
partially supplement the recent tabulation of representations of the complete elliptic integral as 
Bessel function integrals by Okui [8]. 



I. Algebraic integrands 



f(u) 



[ f(u)K(u)du 



(1) u'-\l -u*) {m) -> 



,.Al) ''SO 4-n-r) 



'GM'-JO '(HO 



(0 < Re 5 <^j 



(1-18) 



(2) u'- 1 (1 - u 2 ) (,/2) 



2~*77 2 



■•so 



-SK-i) 



(0 < Res) 



(1-18) 



(3) u«-' (1 - u 2 )" 8 ' 2 



77 5 ' 2 /l \ 

_ esc ( rs j 



i + ?*) r (i-r) 



■*6K + i)r<i-J., 



(0 < Re 5 < 2) 



(1-18) 



(4) u*- 1 (1 - u 2 



7T3/2 \2 



U"i 5 ) 



MM^)''H- 



(0 < Re s < 3) 



(1-18) 



(5) u(u 2 + zV + (1 + u 2 z 2 )~ 



-(1 + z 2 )" ,/2 K[(l + z 2 )" 1 ' 2 ] 



(6) $(u - z)(l - u 2 )- il2 (u 2 - z 2 )- 1/2 



2(1 +z)- J K 



G^rwter 



(0 < z < 1) 
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I. Algebraic integrands — Continued 



flu) 



f(u)K\u)du 



(7) 



[' (1 - u 2 ) ,/2 K[2(zV + 2(1 - z))]du = K(k+)K(k.) 



kl = [1 - (1 - 4z)" 2 ] 4 + z[l ± (1 -z) ,/2 ] 2 , Rez < 



(8) 


u(l - « 2 r ,/2 /(zV + 1) 




|(z 2 + \r l K[z/(z 2 + I)" 2 ] 

z > 


(9) 


u(\ - u 2 r ll2 /(\ - z 2 u) 




|(1 - z 2 )" 2 K(z) 
< z < 1 


(10) 


0(z - u)(\ - u 2 )~ X!2 (z 2 - 


ll 2 )- m 


(z + 1) ' K 2 [(2z) ,/2 /(l + z)*] 









< z < 1 




(1-17) 


(11) 


n(l - u 2 r ,/2 (z 2 - 


- u 2 )- 112 


(1 + zr'K 2 [(2/(l + z)) m ] 
z > 1 






(12) 


0(sin<£> - //)// 




E(sin<£) - cos 2 <£ K(s 

(0 < (/; < 77) 


iu/>) 


(1-18) 


(13) 


0(u - z)u~ 2 




z~ x E(z) - 1 
(z > 0) 




(1-18) 


(14) 


(i - u*y- l u- 2v 




2" ' sect 77/') — — 
1 2 (2/ 

< v < - 


) 

') 


(1-18) 


(15) 


(1 + // ) ' 




7T 2 /8 




[5] 



(16) 



r 1 7t 3/2 i'(/' 
K[2 12 //]//(i-// 2 r ' </u = — — 



r*i) 



(Kf r > 0) 



ll-IH) 



d7) eu-Bte'-u*)' -1 (i« 2 )*""- <T « a:r - 1 






*.( 



(1/2), (1/2), o-; 1. <r 4 



-A) 



i\rr > 0, z 2 < 1 



(18) 



Jo 4 1(i' + ( r) ,M \2 2 / 

*vx > 0, |arg(l - z 2 )| < 77 



(19) (1 - u 2 )- 



,i*[(l - z 2 ) - a 2 ] 



[(1 + z 2 ) - u 2 ] 



r-v, (i.|,-<-) 



(20) f K(2 12 //i,/ 2,r 



\\<r + 1) 



(H 



(1 - w 2 )" ' (2 - tt 2 fcfii = -■ 

8 



■'—I- 



'■(ii 



1 1 1 

' + <r: 1. 1 + -y + (r;l 



(Re i; > 0, Re (r > - 1) 



315 



I. Algebraic integrands — Continued 



f(u) 


j f(u)K(u)du 


(21) u(l - uV" l {\ - zu 2 )-* 


M ~\ a F (u a rr' T! \ 1! \ 




4/ 1\ U "' *^ v > v ' tr ' 1 ' 2 ' H 2'z-lJ 
i/> 0, |arg(l - z)| < 7T 



(22) 



f (1 - u 2 )' 112 K(au)du = ~ | 2 F 1 Q, i; 1; a 2 



Rea>0 



(1-18) 



(23) 0(z - a)w(z 2 - a 2 ) 1 



2 _ ,,2^-1 



-iwo -^ 2 r 2 P^ 1/2) (i - 2z 2 ) 
o <z < i, ^>o 



(24) 0(u -z)tt(l - u 2 n« 2 - z 2 ) 



2V/„2 _ _2W-<3/2> 



Y 2 d> + 1)1' (-i- l/J 

*+ 1./4 ^-1/2 ICJ 



(1 - 2 2 f+ (3/2) (C* - 1) 

c = (1 + z) 2 /(l - z 2 ), <s z < 1, -1 < Re v < -- 



(1-17) 



(25) 0(z - u)u(z 2 - iL 2 ) v - x l(\ - u 2 



\{v)z v {\ -z 2 )' x P^ l2 [{\ + z 2 )/(l -z 2 )] 



^ > 0, < z < 1 



(26) u~\\ - u 2 ) 



1 +- 



(z 2 + x 2 ) 112 
x 2 = (1 - z/ 2 )/w 2 



(C/2) 1 ' 



(^..-VF-T) 



k( > | t |) Kl£ - VF^T), { - \/Cz 



z > 1. C = 2[z - (z 2 - 1) 1/2 ] 



(27) 6 (a - u)(a 2 u~ 2 - \) v - x u 



-e v7Ti (c 2 - ir 2 (c + 1)^(^1/2,(0 



2r/" 2 - 1, < a < 1, < Re i> < ■ 



(28) tf[(l+z 2 r ,/2 - m][m(1 - w 2 )]- 1/2 [(l - u*) m - zu]~ 



;2- 1/2 [(>_ 3/ 4 (z + z- ! )P_ 3 , 4 (z +z-') 

- (>_ 1/4 (z+z-^P-!/* (z + z" 1 )] 
(z > 0) 



(29) (Kz - u)(l - u 2 r 



z(l - u 2 ) + u(l - z 2 ) 



(-72 1 ) J[(>-l/4(^)] 2 + [(>-3/4(C)] 2 

0<z < LC- 1 =z(l -z 2 ) 1/2 



(30) 0[(1 + zV 1/2) - u]u 2 



(1 - u 2 ) - z 2 u 



w 



__ e - ( ^ 1/ 2.i (r+( a/2 )(222+1) 



z real, —3 < Re y < — - 

2 



(31) (1 - a 2 )"" 1 {u + z(l - a 2 ) 1/2 ]- 
+ \u - z(l - w 2 ) 1/2 |- 2l; } 



2 4,-3 I>L 



sec (77^) x 



r 2 (2^) 

X 3 F 2 (tw;r + 1/2, 1/2; -z 2 ) 

•H<i) 



<z < 1, 
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I. Algebraic integrands — Continued 



fin) 



\ /(tt)K(n 

-'o 



)du 



(32) 



r 4 (U,) C0S ^ 3F2[r+n/2) , r + n/2) , r + n/2):( ; V2) . r+1: _^ 



sgn[z(l - u 2 ) 112 - u] 
|z(l - a 2 ) 1 ' 2 - u\ 2v 



it 1(1 -f 2d 



fo < z < 1) (|e| < -J 



(33) 


0[U -2(1 + 2 2 )" ,/2 ]w(l - M 1 )" 3 '* 


P^fl 1/J (22 2 +l) 

I 1 \ 






1 - u 2 


(2f + 3)/2 




a 2 - (1 - z/V_ 






1-1 < V < -- 1, Z real 


(34) 


U ,/2 d - W 2 )" ,/2 I[ZU + u«- w 2 ) ,/2 ]- 1/2 


^ 1/2 (>-(l/4,U +2- , )P- (1/4 ^ +2" 1 ) 




sgn[za - d - // 2 ) 1/2 ]j 

\zu - (1 - w 2 ) ,/2 | ,/2 | 


2 real 






(35) 


(l - u 2 r m \[u +2d - w 2 ) ,/2 ]- ,/2 


z- ,/2 [(>-,/4U +2-M] 2 




sgn[z(] - u 2 )" 2 - m1| 

|zd - // 2 ) ,/2 - a| ,/2 f 


2 real 






(36) 


(i - u 2 r m {\z(\ - u 2 v 2 - u\- m 


2~ l/2 {C>-3/4 U + 2-')} 2 




+ |zd - m 2 ) 1 ' 2 + u| 1/2 } 


2 real 


(37) 


M- ,/2 (l - M 2 )- 1/2 {[2// + (i - z/ 2 ) ,/2 ]- ,/2 


2" ,/2 C>-3/4 U +2- , )/ > - 3/4 U + 2-') 




+ \zu - d - u 2 ) ,/2 |- ,/2 } 


2 real 



r» 



l)- ,/2 (2 2 - u 2 ) V2 K(au)du 



2 



(38) 



2[1 + (1 - a 2 ) 1 ' 2 ] 



^mife+jK'tt » 



1 ± (1 - « 2 2 2 )" 2 

* ±= z[l + (l-««)'T' real 



(39) 



jY "Kflfc )d u-^c8c(i^) 



A ± = (1 - u 2 )vosJ> + U 2 ±'[(1 - U 2 ) 2 COS 2 # + H 4 + 2// 2 (1 - U*)C0S<f> - 1] 1/2 

< (/> < 77 



(40) u' l (\ - M 2 )" ,/2 (2 - a 2 )" 1 ln(l - u 2 ) 


-2(7r/2) 3/2 arcsinh(l) 


(41) [ tt /(l - a 2 )] ,/2 ln|(a 1/2 + 1)/Uz 1/2 - 1)| 


7T 2 

~8~ 


^6) 


2 




'■(!) 




(4 9 ) u(u 2 - 2 ) -1 (1 n 2 )' 1 ' 2 In 1 Z 1 


7T 2 

\[i 7 \i l r 2\-i/2 n ^ - ^- i 


M - u) 


o 







(43) 

(44) 



a(2 2 - ii 1 )- 1 (1 - tt 2 r l/2 \\ 



mr- 



(1 - U 2 ) 1/2 + (2 2 - M 2 ) 1/2 



2 _ 1U/2 



(2 2 - 1) 



— (2 2 - 1T 1/2 , 2 > 1 

42 



(u 2 + a 2 ) 112 - a 



K 



(u 2 + 1) 1/2 - 1 



(u 2 + 1) 1/2 + 1 



du 



[a - (a 2 - ])" 2 ]" 2 seeh 2 * K (sech *)K(tanh x) 



(u 2 + 1) ,/2 + 1 

cosh .x = 2~ 1/2 {1 + [2a 2 - 2a(a* -l) 1 ' 2 ] 1 ' 1 } 1 * Re a > [6] 



(45) 



o 



" +1 (2 - u 2 f (1 - u 2 )* 12 K(2^" 2 u)du = - 






8(7+] 



, Re er > -1 
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I. Algebraic integrands — Continued 



f(u) 




f 1 
f(u)K(u)du 

) 


(46) (1 - ur m 


2\/2k K(k)K' (A), k =V2 - 1 

SIAM REVIEW 14, 497 (1972) 



(47) 



f [it(l " u 2 )- ll2 K(u) + InQu j 



^ = 2<ln2) 2 -^ 
w 12 



(48) 



\ u~ 2 (u~ 2 - z- 2 )"- x K(u) du = - Y(a]e nia z~ 2n (1 - z 2 )" 12 Q~A I2 (2z~ 2 - 1) 
Jz 2 



< a < -, < z < 1 



(49) 
where 



f K[(l - )3Wj3][(j3 + 1)m - (" 2 + iS)]" ,/2 ^ = TT^ 

J/3 (1 + 



(z + l)(z + 4)/8 



j3V l(z/2) 2 + 2z + 2 + (2 + z){z + 1) ,/2 

2[1 - g + /3 2 ] - 2jffl5g - 2/J 2 - 2)] 1/2 
[4/3 - 1 — >3 2 ] -H 2[#5/3 - 2y3 2 - 2)] ,/2 



K(k + ) K(k. 



( ziVT^TT ± VTTJ) - 2d - Vz + ])i>/2 i 

*± = ; : ; \ , - < i8 < 1 

( z(V2 + 1 ± vz + 4) + 2(1 + Vz + 1) I 2 
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II. Trigonometric integrands 



f(u) 


1 f{u)K{u)du 


(1) 


u(\ - tt*)- 1/2 eos[2z(l - u 2 Y 12 ] 






^y*w m 


(2) 


u(\ - it 2 )" 1 cos[2z(l - u 2 )' m ] 






^-[FSU) -78(z)] 


(3) 


u(\ - u 2 r x sin[2z(l - u 2 )~ il2 ] 






7T 2 , „ [7] 

- — J U)>oU) 


(4) 


(1 - u 2 ) 1 gqs[2zu(\ - u 2 r 112 ] 






***> [?1 


(5) 


u cos[2z(l -w) 1/2 ] 






JUz) [7] 


(6) 


B — ( l+U \\ 


n[4za 1/2 (l -a)" 1 ] 






— / (z)& (z) 


U \\ -a)'" 


(7) 


ii— ^ +B lc, 


s[4z // " 2 (1 - a)" 1 


1 




\*m [7] 


" \\ - u } Cl 


(8) 


wMl - « 2 )- |,2 cos[2zm-' (1 - u 2 ) 


-i«] 




^/ (z)/C (z) 


(9) 


(1 - u 2 ) :il2 sin[2ztt(l - u 2 ) m ] 






}#.«*.« [7] 


(10) 


(1 - u 2 Y x (1 + a 2 )- 1/2 cos[2za(] - 


w 2 )- 


lil] 


2-" 2 A 2 (2) [7] 


(11) 


(3 + u){\ + a 2 )" 3 ' 2 u" 2 cos[2 3/2 z(l - 
u) il2 ] 


- u) 


Ml + 


2 xl2 K' 2 iz) [7] 


(12) 


(3 + u)(\ + u 2 r :m u m sin[2 3/2 z(l - 
u)<> 2 ] 


It ) 


(1 + 


2" 2 7T/ (2)A (2) [7] 


(13) 


u(\ - 2u 2 Y x sin[2z(] - 2u 2 )] 0(2" 


/2 _ 


//) 


2" -« tt 3/2 z _ / 1 1 , 1 3 1 5 1 5 _\ 

1 ^'M 5 + 2"- l+ 2" : 2-2" + ?2" + 4 : -^) 


(14) 


u(\ - 2u 2 ) v - ] cos[2z(l - 2u 2 )] 0(2" 


1/2 _ 


- u) 


2 -»-3 „..iu |(„) / ] ] ill 3 ] 3 \ 
Re v > 


(15) 


(l-a 2 )" 3 ' 2 u sin 


f _/i + « 2 \i 








7T 3/2 S 1/2 , (Z) 


z {] -u 2 ! 


* ,»n^ 
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III. Exponential and hyperbolic integrands 



f(u) 


f f(u)K(u)du 


(1) 


e -2zu + u -l e -2zlu 






^Uz)Kiz) 


(2) 


tt(l - u 2 )' 1 exp[-2z(l - u 2 )- 112 ] 






\k%{z) 


[7] 


(3) 


(1 - u 2 )- 1 exp[-2zu(l - u 2 )- 112 ] 






^Ul(z) + F8(z)] 


(4) 


u(l - u 2 )- 312 exp[-2zw 2 /(l - u 2 )] 






l^'W) 


(5) 


u(l - u 2 )- 112 exp(zu 2 ) 






^eSF 2 [(l/2),(l/2);l,l;- 2 ] 


(6) 


u(\ - u 2 )- 312 exp[-4z«7(l - u 2 ) 2 ] 






16 


(7) 


u(\ - u 2 )- l {x 2 - y 2 u 2 )-" 2 exp 


r /*'- 


- y 2 u 


; t] 




^U 2 - y 2 )-" 2 K (x +y)K < lx - y) 




l i 


- Zi 2 





(8) u(l - u 2 )~ 3 ' 2 A' 1 exp(-A) 



x 2 + y 2 4- 2*y 



G35 



-(xy)- ll2 K (x)K (y) 



(9) a" 2 " (1 - u 2 ) v ~ l exp(-z/2u 2 ) 



1 *\ 1 

< Re v < - 



(10) a 2 "" 1 (1 - u 2 )^- <1/2) exp 




77 1/2 *-* e"* / I 1 1 \ 1 

^rV «(* 0<Re,<i 

2 v 



(11) u v+ H\ - 2u 2 r~ x (1 - u 2 V 2v+3)IA exp[-z(l - 2u 2 )/u(\-u 2 V 12 ] 
■ 0(2- ,/2 - u) 



2^ ,9/4) _„ / . I 1 - (W2) J - (rf2) 

10 ^ ( 1/4) - (i//2)(l/4) - (i//2>; 

Re ^ > 



^24 12 



(12) w(l - a 2 )'" 2 cosh[2z(l - u 2 )' 12 ] 



7T 2 II(Z) 



(13) 



f COS (ZW) / , 1 \ 1 1/1 1 . \|4 

1 ; m K ( tanh 2 li r = 8^l l U + 2 ,2 )l 



cosh ( 



G- 
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IV. Bessel and related functions 



f(u) 



f(u)K(u)(lu 



(1) <9(2- 1/2 - u)a(l - 2uT 5l2 J ( l2zu(\ - u 2 ) m l{\ - 2u 2 )] 1 1/2 „ /2 f 



(6) 



fa 1 " 



2u 



z 2 + (m + l) 2 



/o(*')K 



(__* )" 

Vz 2 + (// + l) 2 / 



r//y = — e _ * a 7oU) 



Re 2 > 



(?) 


W(l + W 2 )(l - W 2 ) - 5/2 7o[22 


ul(\ - w 2 )l 




0-3/2 n ,-3/2 I(l~\ 








p (s) 




(3) 


u(l - u 2 )- 312 J '&zu/(l - u 2 )- 1 ' 2 ] 


z~ x K (z) Rez > 


[7] 


(4) 


a(l - u 2 )- 2 ^ + u 2 V l2 J 


U-( l+ » 2 )] 




2" 1/2 7T 

- — -— [cos(z)y (z) + ■ sin(z)J (z)] 
loz 




~\\ -u>)\ 


Rez > 


(5) 


^(2- ,/2 - u)u(\ - 2u 2 ) m J { l2z(\ - 2u 2 )] 


2 ,/2 7T . 

— — sm(z)J (z) 
loz 


Rez > 



x >0 



(7) ii(i + u 2 ) ,/2 (i - u 2 r 2 Y 



2z 



o 



I6z 



[cos(z)J o(z) - sin(z)V (z)] 



Re z > 



(8) m\ - u 2 )- :il2 K [z(\ -u 2 )-" 2 ] 



(7r/2z) 3/2 e- 



Re z > 



(9) m(] + u 2 ) ,/2 (l - ii 2 )- 2 K 



+ u 2 \ 
~^7 2 ) 



2" 2 7T 

I62 



e-^'oU) 



Re z > 



(10) tt(] - Z/ 2 )- 3/2 A' () [2//(l " « 2 )-' /2 ] 



— [H U) - Y (z)] 

4z 



Re z > 



(11) u 2 (l - u 2 r 2 K [2zu/(l - u 2 )] 



2 l/2 77 c 

g 2 i/2 iS -i«.<» (2) 



Re z > 



(12) // 2 (1 - u 2 ) -** K [2zuV(] - u 2 )] 



if) 



Rez > 



(13) M (l - w 2 )-' ,/2 exp[-zw 2 /2(l - u 2 )] K Q - 



2( 1 - it 2 ) 



-{irlz) xl2 E x (z) 



Re z > 



(14) a(l - w 2 )- 3/2 S, i0 [z(l - u 2 )- 112 ] 



\z 



'■(-r) 
(HO 



Si>+i,o(z) 



Re z > 



(15) a(l + u 2 ) 1/2 (l - a 2 )- 2 ^ 



1 + u' 



"4 

(tt/2) ,/2 2- 1 '- — r 5 ( , +u (z) 



162 



(H 



Rez > 



2-l'2 ^3 
l7T~ 



2-» /2 [y5(2) + r 2 )(z)] 



Rez > 



(17) u 2 H () [zw-' (1 - u 2 V 12 ] 



-z K (z) 



Rez > 



(18) (%u - 2' xl2 )u(2u 2 - l)- 5/2 H [2/xz(l - a 2 ) ,/2 /(2u 2 



Rez > 
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V. Miscellaneous integrands 



f(u) 



ff(u)K(u 
Jo 



)du 



(1) u{\ - u 2 )- 312 exp 



/l + u 2 \ 2 



Erfc 



1 + u 2 



r2 (i) 2 " 3/2e<<1/2,22ri ' 4 - o(z2) 



Z =f= 



(2) u{exp[-2z(l - u 2 ) 1/2 ]£i[-2z(l - u 2 ) 112 ] 

+ exp[-2z(l - u 2 Y l2 ]Ei[2z(l - u 2 V 12 ]} 



-nI (z)K (z) 



Re 2 >0 



(3) u(l - u 2 f- (ll2) P v (l - 2a 2 ) 



»i) 



1 

4 r 2 (^ + di'(2i/ + f) 
1 



l> > 



2 



(4) ^(2" ,/2 - h)i*P„(1 - 2u 2 ) 



[ Y 



4 I/ + 



)r('*r) 



'6K4) 



in(±™) 






COS -77^ 



Re v> ~ 



(5) i*/\,(l - 2a 2 ) 



7rcos(77^) + 2sin(7r^)[y + 2 1n2 + »M^+l)] 



7T(2V + l) 2 



Re i/ > 



(6) u(i - tt «^«e,(I±±!) 



f^+J)'. Re,>-3 



(7) u~ 2 QA2u- 2 - 1) 



»//( /'+l)-i/; 



(1) 



(2v + l) 2 



Re i/ > 



(8) Q v {2u 2 - 1) 



(7r/2)cos(7ry) - [y+2 In 2 + i/A ^ + D] 
(2i/ + l) 2 









i' * 


--.-1,-2.... 




(9) 


u- 1 (1 - tt")" lff iFJl;j; 


-2z(l - a 2 )/** 2 ] 




77 ,- X 


Rez > 


(10) 


n(l- a 2 )" 1 ' 2 iF, (|;i; 


-2z(l - a 2 )) 




7T 2 , 

T /.We- 


Re z > 



(11) II" 1 (1 -l* 2 )" 1 ' 2 ^, Uy + I,I-Iy;I;l -u" 2 ) 



/S4)'fi-r) 



MI4MB 



(12) 



f 



(i - u) v ~ l (i - uzr* K[(iizPi/; 



1 (1 - H)Z 



2 1 - HZ 



7T / 11 



l;z 



Re i/ > 



(13) 



f (1 - n)"- 2 K[(i»P] s F, 

-'0 



1 1 

^--. p-r; p-1;x(1— ») 



rf " = 2>^n ,r -^^'Q4 : '' ; ^ 



Re v > 1 
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A formula which was obtained as a special case of another in the table is indicated by a 
reference in parentheses. For example, (II -7) refers to formula (7) of section II dealing with 
trigonometric integrals. When possible a result related to a published one is indicated by a reference 
in square brackets. 

The author will be grateful for being informed of any errors found in the table, or of additional 
results. 
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